This paper deals with the existence of positive solutions for the boundary value problem
Ž . where f is either -superlinear or -sublinear at ϱ and f t, 0 may be negative and p is a positive continuous function. The results extend several known results for semilinear equations. Our approach is based on fixed point theory for completely continuous operators which leave invariant a suitable cone in a Banach space of continuous functions.
INTRODUCTION
The results in this paper are motivated by the search for positive radial solutions for the quasilinear elliptic boundary value problem < < 2 < < < < div a ٌu ٌu q f x , u s 0, a -x -b Ž .
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Ž . Ž 2 . where s s ␣ s s is an increasing homeomorphism of the real line and is a positive parameter. Such radial solutions are solutions to boundary value problems of the form Ž .
Ny1
< < with p t s t , t s x , and N is the dimension of x. The case where
␣ ٌu ٌus ٌu ٌu, p)1,
Ž .
i.e., perturbations of the p-Laplacian, has received much attention in the Ž . Ž . recent literature. Also problem 1.2 with f t, 0 G 0 has been studied by Ž w x . several authors in recent years see 15 and the references therein . Here, Ž . Ž we are interested in the case when f t, 0 may be negative the so-called . Ž w x . semipositone case see 6 and its references for a review . Since our results only depend upon the positivity and continuity of the coefficient Ž . function p, we shall consider 1.2 in this generality.
We first consider the case when f is -superlinear at ϱ. In particular, we make the assumptions:
Ž . We also consider the case when f is -sublinear at ϱ, i.e, we consider nonlinearities f that satisfy 
Since is concave and 0 s 0, it follows that
is increasing
, since is odd. Hence the conclusion follows.
We next state the fixed point theorems which will be used to prove our results. 
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Then T has at least one fixed point u g ‫ދ‬ with r F u F R. 
Then T has a fixed point x g ‫ދ‬ with r F x F R.
Note that u satisfies Ž .
Lemma 2.1.
We shall now apply Theorem 2.1 to show that T has a fixed point u in ‫ދ‬ 5 5 with u G C , where C ª ϱ as ª 0. Let 0 --*. Then therẽ
Ž .
Ž . 
Ž .
5 5 Let u g ‫ދ‬ be such that u s Tu, 0 --1. We claim that u / C . 
Ž . Note that since
it follows that C ª ϱ as ª 0.
Next, we verify that there exist constants R ) C , h ) R such that for Ž . Ž . 
Ž . by Lemma 2.2. Hence
Ž . since 1r b y a G M␦ which is a contradiction to 3.3 . Thus Ž 5 5 Ž .. 0FCFp 2 u r t ya and using Lemma 2.2 it follows that
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u s hwЈ ds y wЈ s ds. by Lemma 2.2. Hence Ž . Ž .
aFFb, sGt
Ž . Ž . Since G t ª ϱ as t ª ϱ, it follows from A.1 that 
